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MAGHMATIKA
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LYNOADO ZEAMAQN: TPEIE (3)

OEMA A
Al1. EBotw pa cuvdprnon | mopoywyiown oe éva Siagornue (a,B). pe
efaipean iowg Eva onueio Tou Xy, oto oTroio dpwg n T eival ouveyRAc.
Av (%) =0 oo (o,%;) ket f(x)<0 oro (x,,B). 7o1e va amodeifere ot
to f(x,) eival Tfomkd péyioto tRg |
Movabeg 7
A2. NéTe 8o ouvapTtAoeig f, g Aéyovral foeg;
Movabeg 4

A3. Mo SigtummwoeTe To Bewpnpa PESnS TIHAG Tou Slagopikol hoyighol kal
VO TO EPUNVEUTETE YEWHETPIKG.
Movabeg 4

Ad. Nao yapaxtnpicete 1 mpoTageic mou akodouBodv, ypagovias oOT0
reTpadio gog, OimAa oro ypouua wou avrioToiyel gf kaBe mpotaan, ™
Aecn Eworo, av n mporaon eival owarn, q AabBeg, av n mporaon eival
AovBoouevn.

a) Mo kaBe ouveyn ouvaptnon figp]l=R, av G civar o

R
mapayouvoa tAg T oro [a,B], téTe To J. f(t)dt =Gl{a) G(px

B) Av ol ocuvapriceg f,g éyxouv dpio oto ¥, kol 1oyvel f{x)=g(x)
kowta oto X, 1o1e lim f(x) = lim g(x) .

y) KaBe ouvaptnon |, yia tAv omoia oyie f(x)=0 ya kaBe
xe(ox, ) (X, P), eival oralepn oto (a,x, ) (x,,B).

8) Mia ouvaptnon f eival 1-1, av kal povo av, yio kaBe orolyeio y Tou
ouvokou Tipwy Tng, n eficwaon y=1f{x) éxel okpPug pra Adon wg

Tpog X.
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£) Av n | eival ouvexng oro [a,B], tote n f maipvel oo [oB] pio
HEYIoTn TIHA M Kal pia ehayiorn TIHA m.
Movadeg 10
OEMA B

KE

—: x R.
X+ 1

Aiveral n ouvaptnon f(x)=

Bi. MNao ppeite 1a Sogotipgora oro omoia n | eival yvnoiwg oldfouoa, Ta
SlooTApata ora omoia n f eival yvnoiwg plivouoa kol Ta akpotata g |,

Movadeg 6

B2. MNao Bpeite ta SigorApaTte ota omoia n T eival kupth, 1o SlooTApare oTa
ommoia n | eival koihn kKol va mpoodlopiceTe Ta onueEic KapTIAg Thg

YPagikng TNg TapaoTaong.
Movadeg 9
B3. Nao PpeBolv ol coldpmrwreg Trg ypag k¢ mopaotaaong g f.
Movadeg 7
B4. Me faon g amavtnoeig oag ota epwrhdara B1, B2, B3 vo oyxediaoere
ypagikd TTapaoraon Tng ouvaprtnong f.

(H ypogkl mapaoTaon va oxedlacTtel Je oTuld)
Movadeg 3

OEMAT

M. MNa Aloete Tnv efiowan e* —x?-1= 0, xelR.
Movadeg 4
2. Nao Bpeite dheg 1ig ouveyeic ouvaptAoeg f:R —= R mou ikavomroiodv v

x2 2

2
oXEQN fz[x]=(e * 1-} yvio kabe xeR kol vo acimohoyfqoere T

amavTnon oag.
Movadeg 8

rs. Av f{x]=e'2 = 4, x R, voamoBeybel ot n f eival kKupTd.
Movadeg 4
ra. Av f eivain ouvaprnon rou epwtiparog M3, va AuBei n efiowon:
f(npx | +3)=f(|npx])=f(x+3) f(x)

arav ¥ € [0,+00).
Movadeg 9
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©EMA A

Aiveral ouvaprnan f oplopévn kol Blo gopéc Topaywyioipn oTo R. HE OUVEXNR

BeEUTERN TTapaywyo, yia TRy omoia IoxUel OT:

A1.

A2.

A3.

Ad.

L= P IS =Y

. I{f[x]+f"[x]}r]px dx =17

« f(RI=R ka |imm=1

w=+i |"'”“|}|:

. Ef{x]+x=f{f[x}l} e” yiokafe xe R,

Na Seiere at1 f(TT) = T (povadeg 4) kar {0)=1 (povadeg 3).
Movadeg 7
a) MNa Seifete om n f Bev mopoumalel okpdrara oTo R (Hovadeg 4)
B) Na deifete om n f eival ywnoiwg ol fovoa oto K. (Hovadeg 2)
Movabdeg 6
) . MEUxX+ouvx ]
Ma Bpeite To "“"'T“'—f[x] Movadeg 6
“'IT
Mo Beifere o111 O< I mu::l:-{ﬂ:'rrz. Movadeg 6
X
1

OAHIIEE (yia Toug eEeTalopivoucg)

ETo eEw@udhko Tou TeTpabliou vao ypaWETE TO EEETTCOMEVO WaBnupa. ETo
ETWPUAAD TEVW-TEVW VO JUMTTAMNPWIETE TO TTONIKG OToiyela PadnTth.
LTV apyf TWY aWavTACEWY o0g va YRpAYETE MAVW-TTAVW TNV NUEpoPnvia
Kdl TO EEETOLOMEVD HaBnpao. Na pav avTiypaWeTe Ta SEpaTa I1o TETPA&IO
KOl W N YPOAWETE TTOUBEVE OTI¢ TTTOVTATEIS O0¢ TO Vopad oog.

Mo YpdWweTe TO OVOUQTETWYUNG O0OQ¢ OT0 TTAVW HEPOS TwyY @UWTOavTIVpagwy
QUETWES pokg oag mapadoBoly. Tuxdy onPEIWTEIf 0O TAaVW OTa BEPaT Sev
Bo PBobBpchoynbolv o Kapia wepimrTwon. Katd tny amoyxwpnoi Jag va
TOpadWITETE Wall JE TO TETPpAS IO KOl T puwToavTivpaga.

No aTavTioETE OTO TETPASIG oOg Ot OA0 TO BENOTO POVO WE WUTTAE 1 POVO
HE HaUpo OTUAS WPE PeEATGVI TTou Gev ORAVEl. MoAOR ETITRETTETOI, P&VO av To
CNTEEI N EKPUWNVNTN, KAl Héve yia TTIVakes, Sioypdppata KATT.

KAage amavinon eEMOTNEHovVIEd TEKHNPIWKEYD Elval amo&ekTr.

MAGpreEIT EEETOONS: TREIG (3) WPES HETA T SICVoRh TWY QWTOIVTIVEAQWY.
Xpovog BuvarAg amoywpnong: 10.00 1T.4.

IAL EYXOMAZLTE KAAH EMITYXIA
TEAOZ MHNYMATOL
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